It is shown that if (L, T) is a compact connected modular topological lattice of finite dimension under a topology T, then the topology T, the interval topology of L, the complete topology of L, and the order topology of L are all the same.
There are a variety of known ways in which a lattice may be given a topology, e.g., Frink's interval topology [8] , BirkhofΓs order topology [4] , and InseΓs complete topology [9] .
A lattice L is a topological lattice if and only if L is a Hausdorff space in which the two lattice operations are continuous.
In this paper we give some of the relationships between topological lattice and its intrinsic topologies and extend a theorem of Dyer and Shields [7] and a result of Anderson [2] . We shall finally prove the main theorem stated above.
We 
LEMMA 2. // (L, T) is a compact topological lattice, then T c O(L). Moreover, if O(L) is also compact, then T -O(L).
By a complete subset C of a lattice L we shall mean a nonempty subset C of L such that for each nonempty subset S of C, S possesses both a sup S and an inf S in L, and furthermore, both sup S and 50 TAE HO CHOE inf S are in C. The smallest topology for L in which the complete subsets of L are closed is called the complete topology for L, and denoted by C(L). It is known [9] 
The following lemma follows at once either from Lemmas 1 and 2 or from [11] . LEMMA 
If (L, T) is a compact topological lattice, then I(L) is Hausdorff, if and only if I(L) = C(L) = T = O(L).
The breadth of a lattice L is the smallest integer n such that any finite subset F of L has a subset F' of at most n elements such that inf F = inf F'. It is known [4] that the breadth of L is equal to the breadth of the dual of L. [1] . A topological lattice is locally convex if and only if the convex open sets form a basis for the topology. It is well known that a compact (or locally compact and connected) topological lattice is locally convex.
We shall extend a theorem of Dyer and Shields in [7] as follows: Since compactness implies local convexity in a topological lattice, the distributivity hypothesis in Theorem 3 in [7] is not necessary.
It is remarked that the hypothesis of finite breadth in Theorem 1 can be replaced by finite dimension. The author, however, does not know how to obtain this result without using connectedness. For example, the space 2 X (X is an infinite set) has infinite breadth, but has zero dimension. And we note that the 2 X is Hausdorff in its interval topology [10] . (See [4] , Problem 81).
A topological lattice is chain-wise connected if and only if for each pair of elements x and y with x ^ y there is a closed connected chain from x to y. It is well known [12] that a locally compact connected topological lattice is chain-wise connected.
We shall show that the hypothesis of distributivity in 
. Then clearly / and # are well defined and continuous. Furthermore, f~ι -g, because by modularity we have
and hence &! Λ (α L V V α»+i) -α lf and similarly for i = 2, , n + 1. On the other hand, since such /; is locally compact and connected in its relative topology, I { contains a nondegenerate compact connected chain C i9 i -1, 2, « -, n + 1. The subset d x x C w+1 of I t x x / Λ+1 has codimension n + 1 [6] . Hence, the codimension of the closed subset /(d x x C w+1 ) of L is ^ + 1. We thus have a contradiction. 
